Arpeggios
A Game of Ascent and Descent
Every day of our lives, we make decisions about which we can’t be certain. Is this expired milk
still good? What about these expired eggs? And this expired can of soup—I mean, does canned
soup really “expire”? What’s an extra year here or there?
Games of chance—like this little charmer, which requires only a pair of dice—distill such
decisions into harmless, low‐stakes fun.
Or at least, mostly harmless. Making the wrong decision in Arpeggios—playing a number you
should have passed on, or vice versa—won’t give you literal food poisoning. But you may feel a
bit of that spiritual nausea we call “regret.”

How to Play
How many players? Two: one to play “ascending,” and the other to play “descending.”

What do you need? Pencil, paper, and a pair of dice. Divide the paper into two columns with
ten rows each.

What’s the goal? Create a list of ten numbers in ascending order (if you’re the Ascender) or
descending order (if you’re the Descender).
However, you may break your ascending/descending pattern once per game, as a kind of reset
button. For example, each of the lists pictured below would be a winner.

What are the rules?
1. To begin, “Ascending” rolls the dice. Each die represents a digit, and they can be
combined in either order, to make a two‐digit number.

2. Now, Ascending may either (a) pick one of those two‐digit numbers and append it to her
list, or (b) say “Pass.”

3. If she passes, then Descending may use the dice for himself; if so, this counts as his turn.
Otherwise, he rolls the dice for himself.

4. All subsequent turns unfold in this same manner.

5. If you roll doubles, there’s an extra option: you may, if you like, reroll one die, while
leaving the other as is, before deciding whether to pass. (If the rerolled die repeats
itself, you’re stuck with it.)

6. Once per game—and only once—you may break your ascending or descending pattern,
as a kind of “reset” button.

7. The winner is the first player to list ten numbers.

Arpeggio
A Solo Game
What’s the goal? Create an ascending sequence of five numbers, before accidentally creating a
descending sequence of four numbers.
What are the rules?
1. Roll the dice. Each die represents a digit, and they can be combined in either order to
make a two‐digit number. Pick one of the two‐digit numbers, and add it to your list. (No
passing in this version.)

2. Keep doing this. (No rerolling doubles in this version.)

3. If you create a sequence of five ascending numbers, then you win! Note that the
numbers do not have to appear in a row; they can be interrupted by others.

4. But if you create a sequence of four descending numbers, then you lose. Again, the
numbers need not appear consecutively, but may be spaced apart.

My thanks and kudos to Andrew Beveridge, who designed this pleasing solo variant, and to Jim
Propp, who (like Andrew) pointed out the connection to the Erdos‐Szekeres theorem.

